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Magnesium diboride1 differs from ordinary metallic supercon-
ductors in several important ways, including the failure of
conventional models2 to predict accurately its unusually high
transition temperature, the effects of isotope substitution on the
critical transition temperature, and its anomalous specific heat3–5.
A detailed examination of the energy associated with the
formation of charge-carrying pairs, referred to as the ‘super-
conducting energy gap’, should clarify why MgB2 is different.
Some early experimental studies have indicated that MgB2 has
multiple gaps3–9, but past theoretical studies10–16 have not
explained from first principles the origin of these gaps and
their effects. Here we report an ab initio calculation of the
superconducting gaps in MgB2 and their effects on measurable
quantities. An important feature is that the electronic states
dominated by orbitals in the boron plane couple strongly to
specific phonon modes, making pair formation favourable. This
explains the high transition temperature, the anomalous struc-
ture in the specific heat, and the existence of multiple gaps in this
material. Our analysis suggests comparable or higher transition
temperatures may result in layered materials based on B, C and N
with partially filled planar orbitals.

MgB2 is a metal with a layer structure (Fig. 1a). The boron atoms
form honeycombed layers, and the magnesium atoms are located
above the centre of the hexagons in-between the boron planes. The
electronic states at the Fermi level, which are the highest occupied
electronic states, are mainly either j- or p-bonding boron orbitals
(Fig. 1b–d). The j-bonding states are confined in the boron planes.

Thus, MgB2 may be unique with partially occupied j-bonding
states in a layer structure. Because the charge distribution of the
j-bonding states is not symmetrical with respect to the in-plane
positions of boron atoms, the j-bonding states couple very strongly
to the in-plane vibration of boron atoms (Fig. 1e). We show that
this strong coupling results in strong electron-pair formation of the
j-bonding states with an average energy gap D of 6.8 meV. This
strong pairing, which is confined to the boron planes and to only
parts of the Fermi surface, is the principal contribution responsible
for the superconductivity. However, the p-bonding states on the
remaining parts of the Fermi surface form much weaker pairs with
an average D of 1.8 meV. This pairing is enhanced by the coupling to
the j-bonding states.

Our present theoretical work is based on the strong coupling
formalism of superconductivity established by Eliashberg17–19. The
Eliashberg formalism17 is a more general extension of the original
formulation of the Bardeen–Cooper–Schrieffer (BCS) theory,
which is based on the mechanism for pairing that involves an
attractive interaction between electrons mediated by lattice
vibrations. This approach is able to reproduce successfully the
superconducting transition temperature of MgB2 after detailed
material properties are used16. This particular study16 provides
only the transition temperature Tc , and does not give information
on the superconducting energy gap (which is zero at Tc ) or the
temperature dependence of any measured quantities. However, the
same general approach formally provides us with the nonlinear
equations18,19 for the superconducting energy gap at temperatures
below the transition temperature. We solved this set of equations
using an iterative technique20 to obtain the full crystal momentum k
and temperature dependence of the energy gap of MgB2 from first
principles. A two-gap structure is assumed in model calculations14,
and the ratio of the gap sizes obtained is consistent with the results
presented here.

We have evaluated the properties of the superconducting energy
gap of MgB2 on the Fermi surface at low temperature (Fig. 2a, b). In
MgB2, the Fermi surface consists of two sheets from the j-bonding
states of boron px,y orbitals, and two sheets from the p-bonding
states of boron pz orbitals. The calculation of the energy gap is made
without any assumption of its functional shape on the Fermi
surface. The resulting superconducting energy gap has s-wave

Figure 1 Crystal structure of MgB2, electronic states at the Fermi level, and a vibrational

mode of boron atoms. a, Crystal structure of MgB2. Boron atoms form honeycomb planes,

and magnesium atoms occupy the centres of the hexagons in-between boron planes.

b, c, j-bonding states at the Fermi level derived from boron px,y orbitals. d, A p-bonding

state at the Fermi level derived from boron pz orbitals. e, A vibrational mode of boron

atoms that couples strongly to j-bonding electronic states at the Fermi level. As boron

atoms move in the arrow directions, shortened bonds, marked with ‘A’, become attractive

to electrons, whereas elongated bonds, marked with ‘R’, become repulsive. The

j-bonding states (b, c) couple strongly to the vibrational mode because they are mainly

located in either the attractive or the repulsive bondings of the mode. The p-bonding

states (d) do not couple strongly to this mode.
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symmetry (that is, the gap is of the same sign and non-zero
everywhere on the Fermi surface), but the size of the gap changes
greatly on the different sections of the Fermi surface. The magnitude
of the energy gap at 4 K ranges from 6.4 to 7.2 meV on the j sheets,
and from 1.2 to 3.7 meV on the p sheets (Fig. 2a, b). The average
values of the gap are 6.8 meV for the j sheets and 1.8 meV for the p
sheets. In experimental measurements, there has been a debate on
the number of gaps3–9,21–26. Our result is consistent with the recent
experiments reporting two gaps, ranging from 1.5 to 3.5 meV for the
small gap and 5.5 to 8 meV for the large gap3–9,26.

The variation of the superconducting energy gap on the Fermi
surface can be measured by techniques such as high-resolution
angle-resolved photoelectron spectroscopy. Moreover, as the
j-bonding states are confined to the boron planes, the strong
pairing gap of around 6.8 meV is associated with these planes
(Fig. 2c). In Fig. 2c, we introduce the concept of a local gap
distribution r(r, D) at position r given by rðr;DÞ ¼P

kjwkðrÞj
2
dðD 2 DkÞ; where wk(r) is the electron wavefunction

with crystal momentum k. Our result shows that the small gaps
should be seen preferentially in tunnelling experiments along the c
axis, as indicated in some recent measurements6,7.

Figure 3a depicts the calculated superconducting energy gaps at
various temperatures below the transition temperature. The energy
gap of the j-bonding states and that of the p-bonding states show
different temperature dependences. Compared to the small energy
gap of the p-bonding states, the large energy gap of the j-bonding
states changes more slowly at low temperature, but more rapidly
near the transition temperature. Both the p and j gaps vanish at the
same transition temperature, although their values are greatly
different at low temperatures27. This temperature dependence of
the superconducting energy gaps explains recent tunnelling, optical
and specific-heat measurements3–9.

The superconducting energy gap determines the quasiparticle
density of states. The quasiparticle energy is the excitation energy of
a system when an electron is added or removed. In a superconduc-
tor, the quasiparticle energy is equal to, or greater than, the super-
conducting energy gap D. Because the energy gap differs
considerably for the j- and p-bonding states in MgB2, the density
of quasiparticle excitations as a function of energy shows two
thresholds (Fig. 3b). Only p-bonding quasiparticle states are
allowed for energies between the minimal superconducting energy
gap of the p-bonding states and that of the j-bonding states. For
energies above the minimal superconducting energy gap of the
j-bonding states, quasiparticle excitation becomes possible for both
the j- and p-bonding states. The quasiparticle density of states can
be deduced experimentally from tunnelling experiments and var-

Figure 2 The superconducting energy gap of MgB2. a, b, The superconducting energy

gap on the Fermi surface at 4 K given using a colour scale (a), and the distribution of gap

values at 4 K (b). The Fermi surface of MgB2 consists of four distinctive sheets. Two j

sheets (‘cylinders’), derived from the j-bonding px,y orbitals of boron, are shown split into

eight pieces around the four vertical G–G lines. Two p sheets (‘webbed tunnels’), derived

from the p-bonding pz orbitals of boron, are shown around K–M and H–L lines (upper and

lower K–M lines are equivalent). The superconducting energy gap is ,7.2 meV on the

narrower j cylindrical sheet, shown in red, with variations of less than 0.1 meV. On the

wider j cylindrical sheet, shown in orange, the energy gap ranges from 6.4 to 6.8 meV,

having a maximum near G and a minimum near A. On the p sheets, shown in green and

blue, the energy gap ranges from 1.2 to 3.7 meV. The density of states at the Fermi

energy is 0.12 states per (eV atom spin), 44% of which comes from the j sheets and the

other 56% comes from the p sheets. c, Local distribution of the superconducting energy

gap on a boron plane and on planes at 0.05, 0.10 and 0.18 nm above a boron plane,

respectively.

Figure 3 Calculated temperature dependence of the superconducting gaps and the

quasiparticle density of states. a, Temperature dependence of the superconducting gaps.

Vertical solid curves represent the distribution of the superconducting gap values at

various temperatures from 4 K to 38 K. Dashed curves are of the form DðT Þ ¼ Dð0Þ�

ð1 2 ðT=T cÞ
p Þ1=2 fitted separately to the calculated average energy gap of the j-bonding

states and that of the p-bonding states. For the j sheets, D(0) ¼ 6.8 meV

ð2Dð0Þ=k BT c ¼ 4:0Þ (k B ¼ Boltzmann’s constant) and p ¼ 2.9. For the p sheets,

D(0) ¼ 1.8 meV ð2Dð0Þ=k BT c ¼ 1:06Þ and p ¼ 1.8. b, The quasiparticle density of

states at various temperatures. The quasiparticle density of states N(q) for the

quasiparticle energy q is given by NðqÞ=Nð0Þ ¼ Rekðqþ iGÞ=ððqþ iGÞ2 2

Dðk;qÞ2Þ1=2l; where N(0) is the electron density of states at the Fermi level,

i ¼ (21)1/2, and k· · ·l indicates an average over a surface of constant q. This curve is

obtained from the calculated gap function D(k, q) and an assumed finite lifetime G of

0.1 meV.

Figure 4 The specific heat of MgB2. The measured and calculated electronic contribution

to the specific heat divided by temperature are plotted as a function of temperature. The

red solid curve represents the result of our calculation. The specific heat difference

(C S 2 C N) between the superconducting and normal states is obtained by C S 2 C N ¼

2T ðd2=dT 2ÞðF S 2 F NÞ from the corresponding free energy difference (F S 2 F N) which

is calculated using a generalized Bardeen–Stephen formula28. The normal-state specific

heat is calculated to be C N ¼ Y nT with Y n ¼ 2:62 mJ mol21 K22 (ref. 16). Symbols are

the results of experimental measurements3–5, and the dashed curve is the standard one-

gap BCS prediction corresponding to a transition temperature of 39.4 K.
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ious spectroscopic measurements6–9, but a direct quantitative com-
parison requires knowledge of various physical parameters involved
in a specific experiment.

A direct quantitative comparison between theory and measure-
ment is possible, however, for the specific heat. The measured
specific heat3–5 of MgB2 at low temperature is substantial, and a
large hump appears at about 10 K that is inconsistent with a one-gap
BCS model. We have calculated the specific heat from the free
energy of the superconducting state. The overall shape and magni-
tude of our calculated specific-heat curve agrees very well with the
experimental data, especially below 30 K (Fig. 4). We find that the
low-temperature hump in our calculated curve and in the exper-
imental data is caused by the existence of low-energy excitations
across the small superconducting energy gap of the p-bonding
states. A
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Seismological observations provide evidence that the lowermost
mantle contains superposed thermal and compositional bound-
ary layers1 that are laterally heterogeneous2,3. Whereas the ther-
mal boundary layer forms as a consequence of the heat flux from
the Earth’s outer core, the origin of an (intrinsically dense)
chemical boundary layer remains uncertain4. Observed zones
of ‘ultra-low’ seismic velocity5 suggest that this dense layer may
contain metals6,7 or partial melt8, and thus it is reasonable to
expect the dense layer to have a relatively low viscosity. Also, it is
thought that instabilities in the thermal boundary layer could
lead to the intermittent formation and rise of mantle plumes.
Flow into ascending plumes can deform the dense layer, leading,
in turn, to its gradual entrainment9–14. Here we use analogue
experiments to show that the presence of a dense layer at the
bottom of the mantle induces lateral variations in temperature
and viscosity that, in turn, determine the location and dynamics
of mantle plumes. A dense layer causes mantle plumes to become
spatially fixed, and the entrainment of low-viscosity fluid enables
plumes to persist within the Earth for hundreds of millions of
years.

Convective motions driven by core cooling have a structure that is
three-dimensional and time-dependent. Consequently, the
dynamics of the interaction between this flow and an underlying
dense layer is complex. Because of the computational challenge of
resolving small (kilometre) length scales while tracking viscosity
and density interfaces15, numerical simulations for conditions
appropriate to mantle convection are typically limited to two
dimensions12,13, though three-dimensional simulations are cur-
rently being performed14. Laboratory experiments are thus often
used to study thermochemical convection, and the experiments
presented here extend previous investigations9,10,16 to the situation
in which the dense layer is thin and has a low viscosity. Here we need
to distinguish ‘plumes’ from ‘thermals’: we use ‘plume’ to describe
buoyant upwellings (or downwellings) that extend continuously
from the hot (or cold) boundary layer, and ‘thermal’ to indicate a
discrete buoyant blob. Under conditions of thermal equilibrium,
more-viscous cold fluid descends in narrow sheet-like plumes17,
whereas lower-viscosity hot fluid ascends mostly in thermals18,19.

Our experiments are performed in the tank illustrated in Fig. 1
(the legend of Fig. 1 also defines the parameters and variables). An
initial series of 23 experiments without a dense layer is performed to
provide a framework to interpret the more complicated situation
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